We present some fundamental properties of quasi-Reinhardt domains, in connection with Kobayashi hyperbolicity, minimal domains and representative domains. We also study proper holomorphic correspondences between quasi-Reinhardt domains.
Introduction
Let T r be the torus group of dimension r 1. Let ρ : T r → GL(n, C) be a holomorphic linear action of T r on C n such that the only ρ-invariant holomorphic functions on C n are constant. Let λ = (λ 1 , . . . , λ r ) ∈ T r , a i = (a i1 , . . . , a ir ) ∈ Z r , 1 i n, and z = (z 1 , . . . , z n ) ∈ C n . Then an action ρ of T r on C n can be written as . . , λ an z n ) ∈ D for all λ ∈ Δ r , the r-dimensional polydisk. The notion of a quasi-Reinhardt domain was first introduced in [7] (cf. [5, p. 81] ). When r = 1, D is a quasi-circular domain (with a i 's being positive integers). Moreover, if a i 's are all equal, then D is a circular domain. When r = n, D is a Reinhardt domain and one can set a i = e i = (0, . . . , 1, . . . , 0) with only the i-th entry equal to 1.
First, we note the following Using the above result, we can then generalize an earlier result of Kodama [11] for complete circular domains to the quasi-Reinhardt case. 
The minimality, here, refers to the fact that it has the smallest Euclidean volume among all domains that map pseudo-conformally ontō D with Jacobian equal to 1 at z 0 (see e.g. [13] ).
The Bergman metric tensor T D (z, w) is defined as the n × n matrix with entries t
. This is equivalent to the original definition of Bergman representative domains (see e.g. [16] The definition of the resonance order will be given in § 2. Finally, we study holomorphic correspondences between two bounded quasiReinhardt domains.
Let D and D be domains in The paper is organized as follows. In § 2, we recall some basic properties of quasiReinhardt domains. In § 3, we prove theorems 1.1 and 1.2. Theorems 1.3 and 1.4 are proved in § 4. In § 5, we first collect some basic lemmas about proper holomorphic correspondences and then give the proof of theorem 1.5. [6] .) The set of irreducible characters of T r can be indexed by Z r . The character corresponding to 
and only if β = k, and V k is expanded by such monomials z α . Moreover, we have
and For 1 i n, define the i-th resonance set as
and the i-th resonance order as
where |α| := n i=1 α i . Then, the resonance order is defined as
The rank and boundedness of quasi-Reinhardt domains
Let D be a quasi-Reinhardt domain of rank r in C n . For 1 s < r, consider an embedding of T s into T r as follows: 
Minimal domains and representative domains
Let D be a bounded quasi-Reinhardt domain in C n containing the origin. By the transformation formula for the Bergman kernel, we have
where ρ(λ) is as in (1.1). Setting w = 0 in (4.1) and noting that |λ j | = 1, 1 j r, we obtain Now, assume that the resonance order for D is equal to one. By the transformation formula for the Bergman metric tensor, we have
Setting w = 0 in (4.2), we obtain As another corollary of theorems 1.3 and 1.4, we have the following generalization of the classical Cartan's linearity theorem for circular domains. Such generalizations were first obtained in [14] for quasi-circular domains and later in [7] for quasiReinhardt domains using a different approach. Proof. The Bergman mapping at the origin is defined as:
From theorem 1.3, we know that σ 
Proper holomorphic correspondences
Let us first recall some basic properties of holomorphic correspondences between bounded domains (see e.g. [2, 15] (2) For each z 0 ∈ D\V , there exist a neighbourhood U of z 0 in D\V and p We will need the following key lemma. 
